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Introduction. We consider families 1Z of functions such that each a 
in 7Z satisfies 
/ a(s)ds 
Jo 
(1.1) a(s)ds < oc, 
Jo 
a is nonconstant, nonegative, nonincreasing, convex, and — a' is convex. 
We will show, for certain such families, that 
/»OO 
(1.2) / sup \u(t', a)\dt < oo, 
Jo aen 
where u(t) — u(t; a) is the solution of the scalar problem 
(1.3) u'{t) + / a(t- r)u(r)dr = 0, u(0) = 1, t > 0, a G K. 
Jo 
When 71 — {Aa0(£) : 0 < A0 < A < oo}, (1.2) is true. These and similar 
results were proved in [1, 2, 4, 5, 10 and 11]. The technique of proof 
relies on the methods of Shea and Wainger [13]. 
The estimate (1.2) was used in [1, 4, 5 and 11] to estimate the 
resolvent kernel 
/»OO 
U(t)= / u(t;\a0)dEx, 
JXo 
of the problem 
(1.4) y'(t) + / a0(t - s) Ly(s)ds = f(t), y(0) = y0, 
Jo 
in a Hilbert space TL. The operator L is a densely defined self-adjoint 
linear operator with spectrum contained in [Ao,oo) (Ao > 0), yo and 
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